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Chapter 3

Motion in One Dimension - Grade

10

3.1 Introduction

This chapter is about how things move in a straight line or more scientifically how things move in

one dimension. This is useful for learning how to describe the movement of cars along a straight
road or of trains along straight railway tracks. If you want to understand how any object moves,
for example a car on the freeway, a soccer ball being kicked towards the goal or your dog chasing
the neighbour’s cat, then you have to understand three basic ideas about what it means when
something is moving. These three ideas describe different parts of exactly how an object moves.
They are:

1. position or displacement which tells us exactly where the object is,

2. speed or velocity which tells us exactly how fast the object’s position is changing or more
familiarly, how fast the object is moving, and

3. acceleration which tells us exactly how fast the object’s velocity is changing.

You will also learn how to use position, displacement, speed, velocity and acceleration to describe
the motion of simple objects. You will learn how to read and draw graphs that summarise the
motion of a moving object. You will also learn about the equations that can be used to describe
motion and how to apply these equations to objects moving in one dimension.

3.2 Reference Point, Frame of Reference and Position

The most important idea when studying motion, is you have to know where you are. The
word position describes your location (where you are). However, saying that you are here is
meaningless, and you have to specify your position relative to a known reference point. For
example, if you are 2 m from the doorway, inside your classroom then your reference point is
the doorway. This defines your position inside the classroom. Notice that you need a reference
point (the doorway) and a direction (inside) to define your location.

3.2.1 Frames of Reference

Definition: Frame of Reference

A frame of reference is a reference point combined with a set of directions.

A frame of reference is similar to the idea of a reference point. A frame of reference is defined
as a reference point combined with a set of directions. For example, a boy is standing still inside
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a train as it pulls out of a station. You are standing on the platform watching the train move
from left to right. To you it looks as if the boy is moving from left to right, because relative
to where you are standing (the platform), he is moving. According to the boy, and his frame of

reference (the train), he is not moving.
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b

train moving from left to rightboy is standing still

From your frame of reference the boy is moving from left to right.

Figure 3.1: Frames of Reference

A frame of reference must have an origin (where you are standing on the platform) and at least
a positive direction. The train was moving from left to right, making to your right positive and
to your left negative. If someone else was looking at the same boy, his frame of reference will
be different. For example, if he was standing on the other side of the platform, the boy will be
moving from right to left.

For this chapter, we will only use frames of reference in the x-direction. Frames of reference will
be covered in more detail in Grade 12.

A boy inside a train which
is moving from left to right

Where you are standing
on the platform

(reference point or origin)

positive direction (towards your right)negative direction (towards your left)

3.2.2 Position

Definition: Position

Position is a measurement of a location, with reference to an origin.

A position is a measurement of a location, with reference to an origin. Positions can therefore be
negative or positive. The symbol x is used to indicate position. x has units of length for example
cm, m or km. Figure 3.2.2 shows the position of a school. Depending on what reference point
we choose, we can say that the school is 300 m from Joan’s house (with Joan’s house as the
reference point or origin) or 500 m from Joel’s house (with Joel’s house as the reference point
or origin).

100 m 100 m 100 m 100 m 100 m 100 m

ShopSchool Jack John Joan Jill Joel

Figure 3.2: Illustration of position

The shop is also 300 m from Joan’s house, but in the opposite direction as the school. When
we choose a reference point, we have a positive direction and a negative direction. If we choose

25
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+300 +200 +100 0 -100 -200 -300

School
Joan’s house

(reference point) Shop

x (m)

Figure 3.3: The origin is at Joan’s house and the position of the school is +300 m. Positions
towards the left are defined as positive and positions towards the right are defined as negative.

the direction towards the school as positive, then the direction towards the shop is negative. A
negative direction is always opposite to the direction chosen as positive.

Activity :: Discussion : Reference Points

Divide into groups of 5 for this activity. On a straight line, choose a refer-
ence point. Since position can have both positive and negative values, discuss the
advantages and disadvantages of choosing

1. either end of the line,

2. the middle of the line.

This reference point can also be called “the origin”.

Exercise: Position

1. Write down the positions for objects at A, B, D and E. Do not forget the units.

-4 -3 -2 -1 0 1 2 3 4
x (m)

reference point
A B D E

2. Write down the positions for objects at F, G, H and J. Do not forget the units.

-4-3-2-101234
x (m)

reference point
F G H J

3. There are 5 houses on Newton Street, A, B, C, D and E. For all cases, assume
that positions to the right are positive.

20 m 20 m 20 m 20 m

A B C D E
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(a) Draw a frame of reference with house A as the origin and write down the
positions of houses B, C, D and E.

(b) You live in house C. What is your position relative to house E?

(c) What are the positions of houses A, B and D, if house B is taken as the
reference point?

27
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3.3 Displacement and Distance

Definition: Displacement

Displacement is the change in an object’s position.

The displacement of an object is defined as its change in position (final position minus initial
position). Displacement has a magnitude and direction and is therefore a vector. For example,
if the initial position of a car is xi and it moves to a final position of xf , then the displacement
is:

xf − xi

However, subtracting an initial quantity from a final quantity happens often in Physics, so we
use the shortcut ∆ to mean final - initial. Therefore, displacement can be written:

∆x = xf − xi

Important: The symbol ∆ is read out as delta. ∆ is a letter of the Greek alphabet and is
used in Mathematics and Science to indicate a change in a certain quantity, or a final value
minus an initial value. For example, ∆x means change in x while ∆t means change in t.

Important: The words initial and final will be used very often in Physics. Initial will always
refer to something that happened earlier in time and final will always refer to something
that happened later in time. It will often happen that the final value is smaller than the
initial value, such that the difference is negative. This is ok!

b

b

Start
(School)

Finish
(Shop)

Disp
lac

em
en

t

Figure 3.4: Illustration of displacement

Displacement does not depend on the path travelled, but only on the initial and final positions
(Figure 3.4). We use the word distance to describe how far an object travels along a particular
path. Distance is the actual distance that was covered. Distance (symbol d) does not have a
direction, so it is a scalar. Displacement is the shortest distance from the starting point to the
endpoint – from the school to the shop in the figure. Displacement has direction and is therefore
a vector.

Figure 3.2.2 shows the five houses we discussed earlier. Jack walks to school, but instead of
walking straight to school, he decided to walk to his friend Joel’s house first to fetch him so that
they can walk to school together. Jack covers a distance of 400 m to Joel’s house and another
500 m to school. He covers a distance of 900 m. His displacement, however, is only 100 m
towards the school. This is because displacement only looks at the starting position (his house)
and the end position (the school). It does not depend on the path he travelled.
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To calculate his distance and displacement, we need to choose a reference point and a direction.
Let’s choose Jack’s house as the reference point, and towards Joel’s house as the positive direc-
tion (which means that towards the school is negative). We would do the calculations as follows:

Distance(d) = path travelled

= 400 m + 500 m

= 900 m

Displacement(∆x) = xf − xi

= −100 m + 0 m

= −100 m

Joel walks to school with Jack and after school walks back home. What is Joel’s displacement
and what distance did he cover? For this calculation we use Joel’s house as the reference point.
Let’s take towards the school as the positive direction.

Distance(d) = path travelled

= 500 m + 500 m

= 1000 m

Displacement(∆x) = xf − xi

= 0 m + 0 m

= 0 m

It is possible to have a displacement of 0 m and a distance that is not 0 m. This happens
when an object completes a round trip back to its original position, like an athlete running
around a track.

3.3.1 Interpreting Direction

Very often in calculations you will get a negative answer. For example, Jack’s displacement in
the example above, is calculated as -100 m. The minus sign in front of the answer means that
his displacement is 100 m in the opposite direction (opposite to the direction chosen as positive
in the beginning of the question). When we start a calculation we choose a frame of reference
and a positive direction. In the first example above, the reference point is Jack’s house and the
positive direction is towards Joel’s house. Therefore Jack’s displacement is 100 m towards the
school. Notice that distance has no direction, but displacement has.

3.3.2 Differences between Distance and Displacement

Definition: Vectors and Scalars

A vector is a physical quantity with magnitude (size) and direction. A scalar is a physical
quantity with magnitude (size) only.

The differences between distance and displacement can be summarised as:

Distance Displacement

1. depends on the path 1. independent of path taken
2. always positive 2. can be positive or negative
3. is a scalar 3. is a vector

Exercise: Point of Reference

1. Use Figure 3.2.2 to answer the following questions.

(a) Jill walks to Joan’s house and then to school, what is her distance and
displacement?

(b) John walks to Joan’s house and then to school, what is his distance and
displacement?
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(c) Jack walks to the shop and then to school, what is his distance and dis-
placement?

(d) What reference point did you use for each of the above questions?

2. You stand at the front door of your house (displacement, ∆x = 0 m). The
street is 10 m away from the front door. You walk to the street and back again.

(a) What is the distance you have walked?

(b) What is your final displacement?

(c) Is displacement a vector or a scalar? Give a reason for your answer.
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3.4 Speed, Average Velocity and Instantaneous Velocity

Definition: Velocity

Velocity is the rate of change of position.

Definition: Instantaneous velocity

Instantaneous velocity is the velocity of an accelerating body at a specific instant in time.

Definition: Average velocity

Average velocity is the total displacement of a body over a time interval.

Velocity is the rate of change of position. It tells us how much an object’s position changes in
time. This is the same as the displacement divided by the time taken. Since displacement is a
vector and time taken is a scalar, velocity is also a vector. We use the symbol v for velocity. If
we have a displacement of ∆x and a time taken of ∆t, v is then defined as:

velocity (in m · s−1) =
change in displacement (in m)

change in time (in s)

v =
∆x

∆t

Velocity can be positive or negative. Positive values of velocity mean that the object is moving
away from the reference point or origin and negative values mean that the object is moving
towards the reference point or origin.

Important: An instant in time is different from the time taken or the time interval. It
is therefore useful to use the symbol t for an instant in time (for example during the 4th

second) and the symbol ∆t for the time taken (for example during the first 5 seconds of
the motion).

Average velocity (symbol v) is the displacement for the whole motion divided by the time taken
for the whole motion. Instantaneous velocity is the velocity at a specific instant in time.

(Average) Speed (symbol s) is the distance travelled (d) divided by the time taken (∆t) for
the journey. Distance and time are scalars and therefore speed will also be a scalar. Speed is
calculated as follows:

speed (in m · s−1) =
distance (in m)

time (in s)

s =
d

∆t

Instantaneous speed is the magnitude of instantaneous velocity. It has the same value, but no
direction.

Worked Example 5: Average speed and average velocity
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Question: James walks 2 km away from home in 30 minutes. He then turns around
and walks back home along the same path, also in 30 minutes. Calculate James’
average speed and average velocity.

2 km

Answer

Step 1 : Identify what information is given and what is asked for

The question explicitly gives

• the distance and time out (2 km in 30 minutes)

• the distance and time back (2 km in 30 minutes)

Step 2 : Check that all units are SI units.

The information is not in SI units and must therefore be converted.
To convert km to m, we know that:

1 km = 1 000 m

∴ 2 km = 2 000 m (multiply both sides by 2, because we want to convert 2 km to m.)

Similarly, to convert 30 minutes to seconds,

1 min = 60s

∴ 30 min = 1 800 s (multiply both sides by 30)

Step 3 : Determine James’ displacement and distance.

James started at home and returned home, so his displacement is 0 m.

∆x = 0 m

James walked a total distance of 4 000 m (2 000 m out and 2 000 m back).

d = 4 000 m

Step 4 : Determine his total time.

James took 1 800 s to walk out and 1 800 s to walk back.

∆t = 3 600 s

Step 5 : Determine his average speed

s =
d

∆t

=
4 000 m

3 600 s

= 1,11 m · s−1

Step 6 : Determine his average velocity

v =
∆x

∆t

=
0 m

3 600 s

= 0 m · s−1

Worked Example 6: Instantaneous Speed and Velocity
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Question: A man runs around a circular track of radius 100 m. It takes him 120 s
to complete a revolution of the track. If he runs at constant speed, calculate:

1. his speed,

2. his instantaneous velocity at point A,

3. his instantaneous velocity at point B,

4. his average velocity between points A and B,

5. his average speed during a revolution.

6. his average velocity during a revolution.

N

S

W E

100 m
Direction the man runs

b

A

bB

Answer

Step 1 : Decide how to approach the problem

To determine the man’s speed we need to know the distance he travels and how
long it takes. We know it takes 120 s to complete one revolution of the track.(A
revolution is to go around the track once.)
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Step 2 : Determine the distance travelled

What distance is one revolution of the track? We know the track is a circle and we
know its radius, so we can determine the distance around the circle. We start with
the equation for the circumference of a circle

C = 2πr

= 2π(100 m)

= 628,32 m

Therefore, the distance the man covers in one revolution is 628,32 m.

Step 3 : Determine the speed

We know that speed is distance covered per unit
time. So if we divide the distance covered by the
time it took we will know how much distance was
covered for every unit of time. No direction is
used here because speed is a scalar.

s =
d

∆t

=
628,32 m

120 s

= 5,24 m · s−1

Step 4 : Determine the instantaneous velocity at A

Consider the point A in the diagram.
We know which way the man is running around
the track and we know his speed. His velocity
at point A will be his speed (the magnitude of
the velocity) plus his direction of motion (the
direction of his velocity). The instant that he
arrives at A he is moving as indicated in the
diagram.

His velocity will be 5,24 m·s−1West.

Direction the man runs

b

A

b

A

Step 5 : Determine the instantaneous velocity at B

Consider the point B in the diagram.
We know which way the man is running around
the track and we know his speed. His velocity
at point B will be his speed (the magnitude of
the velocity) plus his direction of motion (the
direction of his velocity). The instant that he
arrives at B he is moving as indicated in the
diagram.

His velocity will be 5,24 m·s−1South.

Direction the man runs
bB

bB
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Step 6 : Determine the average velocity between A and B

To determine the average velocity between A and B, we need the change in displace-
ment between A and B and the change in time between A and B. The displacement
from A and B can be calculated by using the Theorem of Pythagoras:

(∆x)2 = 1002 + 1002

= 20000

∆x = 141,42135... m

The time for a full revolution is 120 s, therefore
the time for a 1

4
of a revolution is 30 s.

vAB =
∆x

∆t

=
141,42...

30 s

= 4.71 m · s−1

100 m

100 m

A

B O

∆x

Velocity is a vector and needs a direction.
Triangle AOB is isosceles and therefore angle BAO = 45◦.
The direction is between west and south and is therefore southwest.
The final answer is: v = 4.71 m·s−1, southwest.

Step 7 : Determine his average speed during a revolution

Because he runs at a constant rate, we know that his speed anywhere around the
track will be the same. His average speed is 5,24 m·s−1.

Step 8 : Determine his average velocity over a complete revolution

Important: Remember - displacement can be zero even when distance travelled is not!

To calculate average velocity we need his total displacement and his total time. His
displacement is zero because he ends up where he started. His time is 120 s. Using
these we can calculate his average velocity:

v =
∆x

∆t

=
0 m

120 s
= 0 s

3.4.1 Differences between Speed and Velocity

The differences between speed and velocity can be summarised as:

Speed Velocity

1. depends on the path taken 1. independent of path taken
2. always positive 2. can be positive or negative
3. is a scalar 3. is a vector
4. no dependence on direction and
so is only positive

4. direction can be guessed from
the sign (i.e. positive or negative)

Additionally, an object that makes a round trip, i.e. travels away from its starting point and then
returns to the same point has zero velocity but travels a non-zero speed.
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Exercise: Displacement and related quantities

1. Theresa has to walk to the shop to buy some milk. After walking 100 m, she
realises that she does not have enough money, and goes back home. If it took
her two minutes to leave and come back, calculate the following:

(a) How long was she out of the house (the time interval ∆t in seconds)?

(b) How far did she walk (distance (d))?

(c) What was her displacement (∆x)?

(d) What was her average velocity (in m·s−1)?

(e) What was her average speed (in m·s−1)?

b

100 m

2 minute there and back
100 m

homeshop

2. Desmond is watching a straight stretch of road from his classroom window.
He can see two poles which he earlier measured to be 50 m apart. Using his
stopwatch, Desmond notices that it takes 3 s for most cars to travel from the
one pole to the other.

(a) Using the equation for velocity (v = ∆x
∆t

), show all the working needed to
calculate the velocity of a car travelling from the left to the right.

(b) If Desmond measures the velocity of a red Golf to be -16,67 m·s−1, in
which direction was the Gold travelling?
Desmond leaves his stopwatch running, and notices that at t = 5,0 s, a
taxi passes the left pole at the same time as a bus passes the right pole.
At time t = 7,5 s the taxi passes the right pole. At time t = 9,0 s, the
bus passes the left pole.

(c) How long did it take the taxi and the bus to travel the distance between
the poles? (Calculate the time interval (∆t) for both the taxi and the bus).

(d) What was the velocity of the taxi and the bus?

(e) What was the speed of the taxi and the bus?

(f) What was the speed of taxi and the bus in km·h−1?

50 m

3 s

t = 5 s t = 7,5 s

t = 9 s t = 5 s

3. After a long day, a tired man decides not to use the pedestrian bridge to cross
over a freeway, and decides instead to run across. He sees a car 100 m away
travelling towards him, and is confident that he can cross in time.
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(a) If the car is travelling at 120 km·h−1, what is the car’s speed in m·s−1.

(b) How long will it take the a car to travel 100 m?

(c) If the man is running at 10 km·h−1, what is his speed in m·s−1?

(d) If the freeway has 3 lanes, and each lane is 3 m wide, how long will it take
for the man to cross all three lanes?

(e) If the car is travelling in the furthermost lane from the man, will he be able
to cross all 3 lanes of the freeway safely?

car3 m

3 m

3 m

100 m

Activity :: Investigation : An Exercise in Safety

Divide into groups of 4 and perform the following investigation. Each group will
be performing the same investigation, but the aim for each group will be different.

1. Choose an aim for your investigation from the following list and formulate a
hypothesis:

• Do cars travel at the correct speed limit?

• Is is safe to cross the road outside of a pedestrian crossing?

• Does the colour of your car determine the speed you are travelling at?

• Any other relevant question that you would like to investigate.

2. On a road that you often cross, measure out 50 m along a straight section, far
away from traffic lights or intersections.

3. Use a stopwatch to record the time each of 20 cars take to travel the 50 m
section you measured.

4. Design a table to represent your results. Use the results to answer the ques-
tion posed in the aim of the investigation. You might need to do some more
measurements for your investigation. Plan in your group what else needs to be
done.

5. Complete any additional measurements and write up your investigation under
the following headings:

• Aim and Hypothesis

• Apparatus

• Method

• Results

• Discussion

• Conclusion

6. Answer the following questions:

(a) How many cars took less than 3 seconds to travel 50 m?

(b) What was the shortest time a car took to travel 50 m?

(c) What was the average time taken by the 20 cars?

(d) What was the average speed of the 20 cars?

(e) Convert the average speed to km·h−1.
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3.5 Acceleration

Definition: Acceleration

Acceleration is the rate of change of velocity.

Acceleration (symbol a) is the rate of change of velocity. It is a measure of how fast the velocity
of an object changes in time. If we have a change in velocity (∆v) over a time interval (∆t),
then the acceleration (a) is defined as:

acceleration (in m · s−2) =
change in velocity (in m · s−1)

change in time (in s)

a =
∆v

∆t

Since velocity is a vector, acceleration is also a vector. Acceleration does not provide any infor-
mation about a motion, but only about how the motion changes. It is not possible to tell how
fast an object is moving or in which direction from the acceleration.
Like velocity, acceleration can be negative or positive. We see that when the sign of the acceler-
ation and the velocity are the same, the object is speeding up. If both velocity and acceleration
are positive, the object is speeding up in a positive direction. If both velocity and acceleration
are negative, the object is speeding up in a negative direction. If velocity is positive and accel-
eration is negative, then the object is slowing down. Similarly, if the velocity is negative and the
acceleration is positive the object is slowing down. This is illustrated in the following worked
example.

Worked Example 7: Acceleration

Question: A car accelerates uniformly from and initial velocity of 2 m·s−1 to a final
velocity of 10 m·s1 in 8 seconds. It then slows down uniformly to a final velocity of 4
m·s−1 in 6 seconds. Calculate the acceleration of the car during the first 8 seconds
and during the last 6 seconds.
Answer

Step 9 : Identify what information is given and what is asked for:

Consider the motion of the car in two parts: the first 8 seconds and the last 6 seconds.

For the first 8 seconds:

vi = 2 m · s−1

vf = 10 m · s−1

ti = 0 s

tf = 8 s

For the last 6 seconds:

vi = 10 m · s−1

vf = 4 m · s−1

ti = 8 s

tf = 14 s

Step 10 : Calculate the acceleration.
For the first 8 seconds:

a =
∆v

∆t

=
10 − 2

8 − 0

= 1 m · s−2

For the next 6 seconds:

a =
∆v

∆t

=
4 − 10

14 − 8

= −1 m · s−2

During the first 8 seconds the car had a positive acceleration. This means that its
velocity increased. The velocity is positive so the car is speeding up. During the
next 6 seconds the car had a negative acceleration. This means that its velocity
decreased. The velocity is positive so the car is slowing down.
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Important: Acceleration does not tell us about the direction of the motion. Acceleration
only tells us how the velocity changes.

Important: Deceleration

Avoid the use of the word deceleration to refer to a negative acceleration. This word usually
means slowing down and it is possible for an object to slow down with both a positive and
negative acceleration, because the sign of the velocity of the object must also be taken into
account to determine whether the body is slowing down or not.

Exercise: Acceleration

1. An athlete is accelerating uniformly from an initial velocity of 0 m·s−1to a final
velocity of 4 m·s−1in 2 seconds. Calculate his acceleration. Let the direction
that the athlete is running in be the positive direction.

2. A bus accelerates uniformly from an initial velocity of 15 m·s−1to a final velocity
of 7 m·s−1in 4 seconds. Calculate the acceleration of the bus. Let the direction
of motion of the bus be the positive direction.

3. An aeroplane accelerates uniformly from an initial velocity of 200 m·s−1to a
velocity of 100 m·s−1in 10 seconds. It then accelerates uniformly to a final
velocity of 240 m·s−1in 20 seconds. Let the direction of motion of the aeroplane
be the positive direction.

(a) Calculate the acceleration of the aeroplane during the first 10 seconds of
the motion.

(b) Calculate the acceleration of the aeroplane during the next 14 seconds of
its motion.

(c) Calculate the acceleration of the aeroplane during the whole 24 seconds of
its motion.

3.6 Description of Motion

The purpose of this chapter is to describe motion, and now that we understand the definitions of
displacement, distance, velocity, speed and acceleration, we are ready to start using these ideas
to describe how an object is moving. There are many ways of describing motion:

1. words

2. diagrams

3. graphs

These methods will be described in this section.

We will consider three types of motion: when the object is not moving (stationary object), when
the object is moving at a constant velocity (uniform motion) and when the object is moving at
a constant acceleration (motion at constant acceleration).
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3.6.1 Stationary Object

The simplest motion that we can come across is that of a stationary object. A stationary object
does not move and so its position does not change, for as long as it is standing still. An example
of this situation is when someone is waiting for something without moving. The person remains
in the same position.

Lesedi is waiting for a taxi. He is standing two metres from a stop street at t = 0 s. After
one minute, at t = 60 s, he is still 2 metres from the stop street and after two minutes, at
t = 120 s, also 2 metres from the stop street. His position has not changed. His displacement
is zero (because his position is the same), his velocity is zero (because his displacement is zero)
and his acceleration is also zero (because his velocity is not changing).

STOP

2 m

t = 0 s
t = 60 s

t = 120 s

bb
b

displacement = 0 m

velocity = 0 m·s−1

acceleration = 0 m·s−2

We can now draw graphs of position vs.time (x vs. t), velocity vs.time (v vs. t) and acceleration
vs.time (a vs. t) for a stationary object. The graphs are shown in Figure 3.5. Lesedi’s position
is 2 metres from the stop street. If the stop street is taken as the reference point, his position
remains at 2 metres for 120 seconds. The graph is a horisontal line at 2 m. The velocity and
acceleration graphs are also shown. They are both horisontal lines on the x-axis. Since his
position is not changing, his velocity is 0 m·s−1and since velocity is not changing acceleration is
0 m·s−2.
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Figure 3.5: Graphs for a stationary object (a) position vs. time (b) velocity vs. time (c)
acceleration vs. time.

Definition: Gradient

The gradient of a line can be calculated by dividing the change in the y-value by the change
in the x-value.
m = ∆y

∆x

Since we know that velocity is the rate of change of position, we can confirm the value for the
velocity vs. time graph, by calculating the gradient of the x vs. t graph.

Important: The gradient of a position vs. time graph gives the velocity.
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If we calculate the gradient of the x vs. t graph for a stationary object we get:

v =
∆x

∆t

=
xf − xi

tf − ti

=
2 m − 2 m

120 s − 60 s
(initial position = final position)

= 0 m · s−1 (for the time that Lesedi is stationary)

Similarly, we can confirm the value of the acceleration by calculating the gradient of the velocity
vs. time graph.

Important: The gradient of a velocity vs. time graph gives the acceleration.

If we calculate the gradient of the v vs. t graph for a stationary object we get:

a =
∆v

∆t

=
vf − vi

tf − ti

=
0 m · s−1 − 0 m · s−1

120 s − 60 s

= 0 m · s−2

Additionally, because the velocity vs. time graph is related to the position vs. time graph, we
can use the area under the velocity vs. time graph to calculate the displacement of an object.

Important: The area under the velocity vs. time graph gives the displacement.

The displacement of the object is given by the area under the graph, which is 0 m. This is
obvious, because the object is not moving.

3.6.2 Motion at Constant Velocity

Motion at a constant velocity or uniform motion means that the position of the object is changing
at the same rate.

Assume that Lesedi takes 100 s to walk the 100 m to the taxi-stop every morning. If we assume
that Lesedi’s house is the origin, then Lesedi’s velocity is:

v =
∆x

∆t

=
xf − xi

tf − ti

=
100 m − 0 m

100 s − 0 s

= 1 m · s−1

Lesedi’s velocity is 1 m·s−1. This means that he walked 1 m in the first second, another metre
in the second second, and another in the third second, and so on. For example, after 50 s he
will be 50 m from home. His position increases by 1 m every 1 s. A diagram of Lesedi’s position
is shown in Figure 3.6.

We can now draw graphs of position vs.time (x vs. t), velocity vs.time (v vs. t) and acceleration
vs.time (a vs. t) for Lesedi moving at a constant velocity. The graphs are shown in Figure 3.7.
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b

x = 100 m
t = 0 s t = 50 s t = 100 s

x = 50 mx = 0 m

b
b

v = 1m·s−1 v = 1m·s−1

Figure 3.6: Diagram showing Lesedi’s motion at a constant velocity of 1 m·s−1
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Figure 3.7: Graphs for motion at constant velocity (a) position vs. time (b) velocity vs. time
(c) acceleration vs. time. The area of the shaded portion in the v vs. t graph corresponds to
the object’s displacement.

In the evening Lesedi walks 100 m from the bus stop to his house in 100 s. Assume that Lesedi’s
house is the origin. The following graphs can be drawn to describe the motion.
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Figure 3.8: Graphs for motion with a constant negative velocity (a) position vs. time (b) velocity
vs. time (c) acceleration vs. time. The area of the shaded portion in the v vs.t graph corresponds
to the object’s displacement.

We see that the v vs. t graph is a horisontal line. If the velocity vs. time graph is a horisontal
line, it means that the velocity is constant (not changing). Motion at a constant velocity is
known as uniform motion.

We can use the x vs. t to calculate the velocity by finding the gradient of the line.

v =
∆x

∆t

=
xf − xi

tf − ti

=
0 m − 100 m

100 s − 0 s

= −1 m · s−1
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Lesedi has a velocity of -1 m·s−1, or 1 m·s−1towards his house. You will notice that the v vs. t

graph is a horisontal line corresponding to a velocity of -1 m·s−1. The horisontal line means that
the velocity stays the same (remains constant) during the motion. This is uniform velocity.

We can use the v vs. t to calculate the acceleration by finding the gradient of the line.

a =
∆v

∆t

=
vf − vi

tf − ti

=
1 m · s−1 − 1 m · s−1

100 s − 0 s

= 0 m · s−2

Lesedi has an acceleration of 0 m·s−2. You will notice that the graph of a vs.t is a horisontal line
corresponding to an acceleration value of 0 m·s−2. There is no acceleration during the motion
because his velocity does not change.

We can use the v vs. t to calculate the displacement by finding the area under the graph.

v = Area under graph

= ℓ × b

= 100 × (−1)

= −100 m

This means that Lesedi has a displacement of 100 m towards his house.
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Exercise: Velocity and acceleration

1. Use the graphs in Figure 3.7 to calculate each of the following:

(a) Calculate Lesedi’s velocity between 50 s and 100 s using the x vs. t graph.
Hint: Find the gradient of the line.

(b) Calculate Lesedi’s acceleration during the whole motion using the v vs. t

graph.

(c) Calculate Lesedi’s displacement during the whole motion using the v vs. t

graph.

2. Thandi takes 200 s to walk 100 m to the bus stop every morning. Draw a graph
of Thandi’s position as a function of time (assuming that Thandi’s home is the
reference point). Use the gradient of the x vs. t graph to draw the graph of
velocity vs. time. Use the gradient of the v vs. t graph to draw the graph of
acceleration vs. time.

3. In the evening Thandi takes 200 s to walk 100 m from the bus stop to her
home. Draw a graph of Thandi’s position as a function of time (assuming that
Thandi’s home is the origin). Use the gradient of the x vs. t graph to draw
the graph of velocity vs. time. Use the gradient of the v vs. t graph to draw
the graph of acceleration vs. time.

4. Discuss the differences between the two sets of graphs in questions 2 and 3.

Activity :: Experiment : Motion at constant velocity

Aim:

To measure the position and time during motion at constant velocity and determine
the average velocity as the gradient of a “Position vs. Time” graph.
Apparatus:

A battery operated toy car, stopwatch, meter stick or measuring tape.
Method:

1. Work with a friend. Copy the table below into your workbook.

2. Complete the table by timing the car as it travels each distance.

3. Time the car twice for each distance and take the average value as your accepted
time.

4. Use the distance and average time values to plot a graph of “Distance vs. Time”
onto graph paper. Stick the graph paper into your workbook. (Remember
that “A vs. B” always means “y vs. x”).

5. Insert all axis labels and units onto your graph.

6. Draw the best straight line through your data points.

7. Find the gradient of the straight line. This is the average velocity.

Results:

Distance (m)
Time (s)

1 2 Ave.
0

0,5
1,0
1,5
2,0
2,5
3,0
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Conclusions:

Answer the following questions in your workbook.
Questions:

1. Did the car travel with a constant velocity?

2. How can you tell by looking at the “Distance vs. Time” graph if the velocity
is constant?

3. How would the “Distance vs. Time” look for a car with a faster velocity?

4. How would the “Distance vs. Time” look for a car with a slower velocity?
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3.6.3 Motion at Constant Acceleration

The final situation we will be studying is motion at constant acceleration. We know that
acceleration is the rate of change of velocity. So, if we have a constant acceleration, this
means that the velocity changes at a constant rate.

Let’s look at our first example of Lesedi waiting at the taxi stop again. A taxi arrived and Lesedi
got in. The taxi stopped at the stop street and then accelerated as follows: After 1 s the taxi
covered a distance of 2,5 m, after 2 s it covered 10 m, after 3 seconds it covered 22,5 m and
after 4 s it covered 40 m. The taxi is covering a larger distance every second. This means that
it is accelerating.

10 m 40 m2,5 m 22,5 m
t = 1 s t = 2 s t = 3 s t = 4 s

STOP

To calculate the velocity of the taxi you need to calculate the gradient of the line at each second:

v1s =
∆x

∆t

=
xf − xi

tf − ti

=
5m − 0m

1,5s − 0,5s

= 5 m · s−1

v2s =
∆x

∆t

=
xf − xi

tf − ti

=
15m− 5m

2,5s − 1,5s

= 10 m · s−1

v3s =
∆x

∆t

=
xf − xi

tf − ti

=
30m− 15m

3,5s− 2,5s

= 15 m · s−1

From these velocities, we can draw the velocity-time graph which forms a straight line.

The acceleration is the gradient of the v vs. t graph and can be calculated as follows:

a =
∆v

∆t

=
vf − vi

tf − ti

=
15m · s−1 − 5m · s−1

3s − 1s

= 5 m · s−2

The acceleration does not change during the motion (the gradient stays constant). This is
motion at constant or uniform acceleration.

The graphs for this situation are shown in Figure 3.9.

Velocity from Acceleration vs. Time Graphs

Just as we used velocity vs. time graphs to find displacement, we can use acceleration vs. time
graphs to find the velocity of an object at a given moment in time. We simply calculate the
area under the acceleration vs. time graph, at a given time. In the graph below, showing an
object at a constant positive acceleration, the increase in velocity of the object after 2 seconds
corresponds to the shaded portion.

v = area of rectangle = a × ∆t

= 5 m · s−2 × 2 s

= 10 m · s−1
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Figure 3.9: Graphs for motion with a constant acceleration (a) position vs. time (b) velocity vs.
time (c) acceleration vs. time.

The velocity of the object at t = 2 s is therefore 10 m·s−1. This corresponds with the values
obtained in Figure 3.9.

Exercise: Graphs

1. A car is parked 10 m from home for 10 minutes. Draw a displacement-time,
velocity-time and acceleration-time graphs for the motion. Label all the axes.

2. A bus travels at a constant velocity of 12 m·s−1for 6 seconds. Draw the
displacement-time, velocity-time and acceleration-time graph for the motion.
Label all the axes.

3. An athlete runs with a constant acceleration of 1 m·s−2for 4 s. Draw the
acceleration-time, velocity-time and displacement time graphs for the motion.
Accurate values are only needed for the acceleration-time and velocity-time
graphs.

4. The following velocity-time graph describes the motion of a car. Draw the
displacement-time graph and the acceleration-time graph and explain the mo-
tion of the car according to the three graphs.

6

2
0

v (m·s−1)

t (s)

5. The following velocity-time graph describes the motion of a truck. Draw the
displacement-time graph and the acceleration-time graph and explain the mo-
tion of the truck according to the three graphs.

8

4
0

v (m·s−1)

t (s)
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3.7 Summary of Graphs

The relation between graphs of position, velocity and acceleration as functions of time is sum-
marised in Figure 3.10.

Stationary
Object

x (m)

t (s)

v (m·s−1)

t (s)

a (m·s−2)

t (s)

Uniform Mo-
tion

x (m)

t (s)

v (m·s−1)

t (s)

a (m·s−2)

t (s)

Motion with
constant ac-
celeration

x (m)

t (s)

v (m·s−1)

t (s)

a (m·s−2)

t (s)

Figure 3.10: Position-time, velocity-time and acceleration-time graphs.

Important: Often you will be required to describe the motion of an object that is presented
as a graph of either position, velocity or acceleration as functions of time. The description
of the motion represented by a graph should include the following (where possible):

1. whether the object is moving in the positive or negative direction

2. whether the object is at rest, moving at constant velocity or moving at constant
positive acceleration (speeding up) or constant negative acceleration (slowing down)

You will also often be required to draw graphs based on a description of the motion in words
or from a diagram. Remember that these are just different methods of presenting the same
information. If you keep in mind the general shapes of the graphs for the different types of
motion, there should not be any difficulty with explaining what is happening.
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3.8 Worked Examples

The worked examples in this section demonstrate the types of questions that can be asked about
graphs.

Worked Example 8: Description of motion based on a position-time graph

Question: The position vs. time graph for the motion of a car is given below.
Draw the corresponding velocity vs. time and acceleration vs. time graphs, and then
describe the motion of the car.

0 1 2 3 4 5 6
0

1

2

3

4

5

x (m)

t (s)

Answer

Step 1 : Identify what information is given and what is asked for

The question gives a position vs. time graph and the following three things are
required:

1. Draw a v vs. t graph.

2. Draw an a vs. t graph.

3. Describe the motion of the car.

To answer these questions, break the motion up into three sections: 0 - 2 seconds,
2 - 4 seconds and 4 - 6 seconds.

Step 2 : Velocity vs. time graph for 0-2 seconds

For the first 2 seconds we can see that the displacement remains constant - so the
object is not moving, thus it has zero velocity during this time. We can reach this
conclusion by another path too: remember that the gradient of a displacement vs.
time graph is the velocity. For the first 2 seconds we can see that the displacement
vs. time graph is a horizontal line, ie. it has a gradient of zero. Thus the velocity
during this time is zero and the object is stationary.

Step 3 : Velocity vs. time graph for 2-4 seconds

For the next 2 seconds, displacement is increasing with time so the object is mov-
ing. Looking at the gradient of the displacement graph we can see that it is not
constant. In fact, the slope is getting steeper (the gradient is increasing) as time
goes on. Thus, remembering that the gradient of a displacement vs. time graph is
the velocity, the velocity must be increasing with time during this phase.

Step 4 : Velocity vs. time graph for 4-6 seconds

For the final 2 seconds we see that displacement is still increasing with time, but
this time the gradient is constant, so we know that the object is now travelling at
a constant velocity, thus the velocity vs. time graph will be a horizontal line during
this stage. We can now draw the graphs:
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So our velocity vs. time graph looks like this one below. Because we haven’t been
given any values on the vertical axis of the displacement vs. time graph, we cannot
figure out what the exact gradients are and therefore what the values of the velocities
are. In this type of question it is just important to show whether velocities are positive
or negative, increasing, decreasing or constant.

0 1 2 3 4 5 6

v (m·s−1)

t (s)

Once we have the velocity vs. time graph its much easier to get the acceleration vs.
time graph as we know that the gradient of a velocity vs. time graph is the just the
acceleration.

Step 5 : Acceleration vs. time graph for 0-2 seconds

For the first 2 seconds the velocity vs. time graph is horisontal and has a value of
zero, thus it has a gradient of zero and there is no acceleration during this time.
(This makes sense because we know from the displacement time graph that the ob-
ject is stationary during this time, so it can’t be accelerating).

Step 6 : Acceleration vs. time graph for 2-4 seconds

For the next 2 seconds the velocity vs. time graph has a positive gradient. This
gradient is not changing (i.e. its constant) throughout these 2 seconds so there must
be a constant positive acceleration.

Step 7 : Acceleration vs. time graph for 4-6 seconds

For the final 2 seconds the object is traveling with a constant velocity. During this
time the gradient of the velocity vs. time graph is once again zero, and thus the
object is not accelerating. The acceleration vs. time graph looks like this:

a (m·s−2)

t (s)
0 2 4 6

Step 8 : A description of the object’s motion

A brief description of the motion of the object could read something like this: At
t = 0 s and object is stationary at some position and remains stationary until t = 2 s
when it begins accelerating. It accelerates in a positive direction for 2 seconds until
t = 4 s and then travels at a constant velocity for a further 2 seconds.
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Worked Example 9: Calculations from a velocity vs. time graph

Question: The velocity vs. time graph of a truck is plotted below. Calculate the
distance and displacement of the truck after 15 seconds.

1 2 3 4 5 6 7 8 9 10 11 12 13 14 15
0

1

2

3

4

−1

−2

v (m·s−1)

t (s)

Answer

Step 1 : Decide how to tackle the problem

We are asked to calculate the distance and displacement of the car. All we need to
remember here is that we can use the area between the velocity vs. time graph and
the time axis to determine the distance and displacement.

Step 2 : Determine the area under the velocity vs. time graph

Break the motion up: 0 - 5 seconds, 5 - 12 seconds, 12 - 14 seconds and 14 - 15
seconds.

For 0 - 5 seconds: The displacement is
equal to the area of the triangle on the
left:

Area△ =
1

2
b × h

=
1

2
× 5 × 4

= 10 m

For 5 - 12 seconds: The displacement
is equal to the area of the rectangle:

Area� = ℓ × b

= 7 × 4

= 28 m

For 12 - 14 seconds the displacement is
equal to the area of the triangle above
the time axis on the right:

Area△ =
1

2
b × h

=
1

2
× 2 × 4

= 4 m

For 14 - 15 seconds the displacement is
equal to the area of the triangle below
the time axis:

Area△ =
1

2
b × h

=
1

2
× 1 × 2

= 1 m

Step 3 : Determine the total distance of the car

Now the total distance of the car is the sum of all of these areas:

∆x = 10 + 28 + 4 + 1

= 43 m
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Step 4 : Determine the total displacement of the car

Now the total displacement of the car is just the sum of all of these areas. HOW-
EVER, because in the last second (from t = 14 s to t = 15 s) the velocity of the
car is negative, it means that the car was going in the opposite direction, i.e. back
where it came from! So, to find the total displacement, we have to add the first 3
areas (those with positive displacements) and subtract the last one (because it is a
displacement in the opposite direction).

∆x = 10 + 28 + 4 − 1

= 41 m in the positive direction

Worked Example 10: Velocity from a position vs. time graph

Question: The position vs. time graph below describes the motion of an athlete.

1. What is the velocity of the athlete during the first 4 seconds?

2. What is the velocity of the athlete from t = 4 s to t = 7 s?

0 1 2 3 4 5 6 7
0

1

2

3

4

x (m)

t (s)

Answer

Step 1 : The velocity during the first 4 seconds

The velocity is given by the gradient of a position vs. time graph. During the first
4 seconds, this is

v =
∆x

∆t

=
4 − 0

4 − 0

= 1 m · s−1

Step 2 : The velocity during the last 3 seconds

For the last 3 seconds we can see that the displacement stays constant. The graph
shows a horisontal line and therefore the gradient is zero. Thus v = 0 m · s−1.
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Worked Example 11: Drawing a v vs. t graph from an a vs. t graph

Question: The acceleration vs. time graph for a car starting from rest, is given
below. Calculate the velocity of the car and hence draw the velocity vs. time graph.

1 2 3 4 5 6
0

1

2

−1

−2

a (m·s−2)

t (s)

Answer

Step 1 : Calculate the velocity values by using the area under each part of

the graph.

The motion of the car can be divided into three time sections: 0 - 2 seconds; 2 - 4
seconds and 4 - 6 seconds. To be able to draw the velocity vs. time graph, the
velocity for each time section needs to be calculated. The velocity is equal to the
area of the square under the graph:

For 0 - 2 seconds:

Area� = ℓ × b

= 2 × 2

= 4 m · s−1

The velocity of the car is
4 m·s−1 at t = 2s.

For 2 - 4 seconds:

Area� = ℓ × b

= 2 × 0

= 0 m · s−1

The velocity of the car is
0 m·s−1from t = 2 s to
t = 4 s.

For 4 - 6 seconds:

Area� = ℓ × b

= 2 ×−2

= −4 m · s−1

The acceleration had a nega-
tive value, which means that
the velocity is decreasing.
It starts at a velocity of
4 m·s−1and decreases to
0 m·s−1.

Step 2 : Now use the values to draw the velocity vs. time graph.

The velocity vs. time graph
looks like this:

0 1 2 3 4 5 6
0

1

2

3

4

v (m·s−1)

t (s)
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3.9 Equations of Motion

In this chapter we will look at the third way to describe motion. We have looked at describing
motion in terms of graphs and words. In this section we examine equations that can be used to
describe motion.

This section is about solving problems relating to uniformly accelerated motion. In other words,
motion at constant acceleration.
The following are the variables that will be used in this section:

vi = initial velocity (m·s−1) at t = 0 s

vf = final velocity (m·s−1) at time t

∆x = displacement (m)

t = time (s)

∆t = time interval (s)

a = acceleration (m·s−2)

vf = vi + at (3.1)

∆x =
(vi + vf )

2
t (3.2)

∆x = vit +
1

2
at2 (3.3)

v2
f = v2

i + 2a∆x (3.4)

The questions can vary a lot, but the following method for answering them will always work.
Use this when attempting a question that involves motion with constant acceleration. You need
any three known quantities (vi, vf , ∆x, t or a) to be able to calculate the fourth one.

1. Read the question carefully to identify the quantities that are given. Write them down.

2. Identify the equation to use. Write it down!!!

3. Ensure that all the values are in the correct unit and fill them in your equation.

4. Calculate the answer and fill in its unit.

Interesting

Fact

teresting

Fact
Galileo Galilei of Pisa, Italy, was the first to determined the correct mathematical
law for acceleration: the total distance covered, starting from rest, is proportional
to the square of the time. He also concluded that objects retain their velocity
unless a force – often friction – acts upon them, refuting the accepted Aristotelian
hypothesis that objects ”naturally” slow down and stop unless a force acts upon
them. This principle was incorporated into Newton’s laws of motion (1st law).

3.9.1 Finding the Equations of Motion

The following does not form part of the syllabus and can be considered additional information.
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Derivation of Equation 3.1

According to the definition of acceleration:

a =
∆v

t

where ∆v is the change in velocity, i.e. ∆v = vf - vi. Thus we have

a =
vf − vi

t
vf = vi + at

Derivation of Equation 3.2

We have seen that displacement can be calculated from the area under a velocity vs. time graph.
For uniformly accelerated motion the most complicated velocity vs. time graph we can have is
a straight line. Look at the graph below - it represents an object with a starting velocity of vi,
accelerating to a final velocity vf over a total time t.

v (m·s−1)

t (s)

vi

vf

t

To calculate the final displacement we must calculate the area under the graph - this is just
the area of the rectangle added to the area of the triangle. This portion of the graph has been
shaded for clarity.

Area△ =
1

2
b × h

=
1

2
t × (vf − vi)

=
1

2
vf t −

1

2
vit

Area� = ℓ × b

= t × vi

= vit

Displacement = Area� + Area△

∆x = vit +
1

2
vf t −

1

2
vit

∆x =
(vi + vf )

2
t
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Derivation of Equation 3.3

This equation is simply derived by eliminating the final velocity vf in equation 3.2. Remembering
from equation 3.1 that

vf = vi + at

then equation 3.2 becomes

∆x =
vi + vi + at

2
t

=
2vit + at2

2

∆x = vit +
1

2
at2
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Derivation of Equation 3.4

This equation is just derived by eliminating the time variable in the above equation. From
Equation 3.1 we know

t =
vf − vi

a

Substituting this into Equation 3.3 gives

∆x = vi(
vf − vi

a
) +

1

2
a(

vf − vi

a
)2

=
vivf

a
−

v2
i

a
+

1

2
a(

v2
f − 2vivf + v2

i

a2
)

=
vivf

a
−

v2
i

a
+

v2
f

2a
−

vivf

a
+

v2
i

2a

2a∆x = −2v2
i + v2

f + v2
i

v2
f = v2

i + 2a∆x (3.5)

This gives us the final velocity in terms of the initial velocity, acceleration and displacement and
is independent of the time variable.

Worked Example 12: Equations of motion

Question: A racing car is travelling north. It accelerates uniformly covering a
distance of 725 m in 10 s. If it has an initial velocity of 10 m·s−1, find its acceleration.

Answer

Step 1 : Identify what information is given and what is asked for

We are given:

vi = 10 m · s−1

∆x = 725 m

t = 10 s

a = ?

Step 2 : Find an equation of motion relating the given information to the

acceleration

If you struggle to find the correct equation, find the quantity that is not given and
then look for an equation that does not have this quantity in it.
We can use equation 3.3

∆x = vit +
1

2
at2

Step 3 : Substitute your values in and find the answer

∆x = vit +
1

2
at2

725 = (10 × 10) +
1

2
a × (10)2

725 − 100 = 50 a

a = 12,5 m · s−2

Step 4 : Quote the final answer

The racing car is accelerating at 12,5 m·s−2 north.
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Worked Example 13: Equations of motion

Question: A motorcycle, travelling east, starts from rest, moves in a straight line
with a constant acceleration and covers a distance of 64 m in 4 s. Calculate

• its acceleration

• its final velocity

• at what time the motorcycle had covered half the total distance

• what distance the motorcycle had covered in half the total time.

Answer

Step 1 : Identify what information is given and what is asked for

We are given:

vi = 0 m · s−1(because the object starts from rest.)

∆x = 64 m

t = 4 s

a = ?

vf = ?

t = ? at half the distance ∆x = 32 m.

∆x = ? at half the time t = 2 s.

All quantities are in SI units.
Step 2 : Acceleration: Find a suitable equation to calculate the acceleration

We can use equations 3.3

∆x = vit +
1

2
at2

Step 3 : Substitute the values and calculate the acceleration

∆x = vit +
1

2
at2

64 = (0 × 4) +
1

2
a × (4)2

64 = 8a

a = 8 m · s−2 east

Step 4 : Final velocity: Find a suitable equation to calculate the final velocity

We can use equation 3.1 - remember we now also know the acceleration of the
object.

vf = vi + at

Step 5 : Substitute the values and calculate the final velocity

vf = vi + at

vf = 0 + (8)(4)

= 32 m · s−1 east

Step 6 : Time at half the distance: Find an equation to calculate the time

We can use equation 3.3:

∆x = vi +
1

2
at2

32 = (0)t +
1

2
(8)(t)2

32 = 0 + 4t2

8 = t2

t = 2,83 s

58



CHAPTER 3. MOTION IN ONE DIMENSION - GRADE 10 3.10

Step 7 : Distance at half the time: Find an equation to relate the distance

and time

Half the time is 2 s, thus we have vi, a and t - all in the correct units. We can use
equation 3.3 to get the distance:

∆x = vit +
1

2
at2

= (0)(2) +
1

2
(8)(2)2

= 16 m east

Exercise: Acceleration

1. A car starts off at 10 m·s−1 and accelerates at 1 m·s−2 for 10 s. What is its
final velocity?

2. A train starts from rest, and accelerates at 1 m·s−2 for 10 s. How far does it
move?

3. A bus is going 30 m·s−1 and stops in 5 s. What is its stopping distance for this
speed?

4. A racing car going at 20 m·s−1 stops in a distance of 20 m. What is its
acceleration?

5. A ball has a uniform acceleration of 4 m·s−1. Assume the ball starts from rest.
Determine the velocity and displacement at the end of 10 s.

6. A motorcycle has a uniform acceleration of 4 m·s−1. Assume the motorcycle
has an initial velocity of 20 m·s−1. Determine the velocity and displacement at
the end of 12 s.

7. An aeroplane accelerates uniformly such that it goes from rest to 144 km·hr−1in
8 s. Calculate the acceleration required and the total distance that it has
traveled in this time.

3.10 Applications in the Real-World

What we have learnt in this chapter can be directly applied to road safety. We can analyse the
relationship between speed and stopping distance. The following worked example illustrates this
application.

Worked Example 14: Stopping distance

Question: A truck is travelling at a constant velocity of 10 m·s−1when the driver
sees a child 50 m in front of him in the road. He hits the brakes to stop the truck.
The truck accelerates at a rate of -1.25 m·s−2. His reaction time to hit the brakes
is 0,5 seconds. Will the truck hit the child?
Answer

Step 1 : Analyse the problem and identify what information is given

It is useful to draw a timeline like this one:
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driver
sees

child

driver
hits

brakes

constant v negative acceleration

child
is

here

A B C
b b bb

50 m

0,5 s
v = 10 m·s−1

We need to know the following:

• What distance the driver covers before hitting the brakes.

• How long it takes the truck to stop after hitting the brakes.

• What total distance the truck covers to stop.

Step 2 : Calculate the distance AB

Before the driver hits the brakes, the truck is travelling at constant velocity. There
is no acceleration and therefore the equations of motion are not used. To find the
distance traveled, we use:

v =
d

t

10 =
d

0,5

d = 5 m

The truck covers 5 m before the driver hits the brakes.

Step 3 : Calculate the time BC

We have the following for the motion between B and C:

vi = 10 m · s−1

vf = 0 m · s−1

a = −1,25 m · s−2

t = ?

We can use equation 3.1

vf = vi + at

0 = 10 + (−1,25)t

−10 = −1,25t

t = 8 s

Step 4 : Calculate the distance BC

For the distance we can use equation 3.2 or equation 3.3. We will use equation 3.2:

∆x =
(vi + vf )

2
t

∆x =
10 + 0

s
(8)

∆x = 40 m

Step 5 : Write the final answer

The total distance that the truck covers is dAB + dBC = 5 + 40 = 45 meters. The
child is 50 meters ahead. The truck will not hit the child.
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3.11 Summary

• A reference point is a point from where you take your measurements.

• A frame of reference is a reference point with a set of directions.

• Your position is where you are located with respect to your reference point.

• The displacement of an object is how far it is from the reference point. It is the shortest
distance between the object and the reference point. It has magnitude and direction
because it is a vector.

• The distance of an object is the length of the path travelled from the starting point to the
end point. It has magnitude only because it is a scalar.

• A vector is a physical quantity with magnitude and direction.

• A scalar is a physical quantity with magnitude only.

• Speed (s) is the distance covered (d) divided by the time taken (∆t):

s =
d

∆t

• Average velocity (v) is the displacement (∆x) divided by the time taken (∆t):

v =
∆x

∆t

• Instantaneous speed is the speed at a specific instant in time.

• Instantaneous velocity is the velocity at a specific instant in time.

• Acceleration (a) is the change in velocity (∆x) over a time interval (∆t):

a =
∆v

∆t

• The gradient of a position - time graph (x vs. t) give the velocity.

• The gradient of a velocity - time graph (v vs. t) give the acceleration.

• The area under a velocity - time graph (v vs. t) give the displacement.

• The area under an acceleration - time graph (a vs. t) gives the velocity.

• The graphs of motion are summarised in figure 3.10.

• The equations of motion are used where constant acceleration takes place:

vf = vi + at

∆x =
(vi + vf )

2
t

∆x = vit +
1

2
at2

v2
f = v2

i + 2a∆x

61



3.12 CHAPTER 3. MOTION IN ONE DIMENSION - GRADE 10

3.12 End of Chapter Exercises: Motion in One Dimension

1. Give one word/term for the following descriptions.

(a) The shortest path from start to finish.

(b) A physical quantity with magnitude and direction.

(c) The quantity defined as a change in velocity over a time period.

(d) The point from where you take measurements.

(e) The distance covered in a time interval.

(f) The velocity at a specific instant in time.

2. Choose an item from column B that match the description in column A. Write down only
the letter next to the question number. You may use an item from column B more than
once.

Column A Column B
a. The area under a velocity - time graph gradient
b. The gradient of a velocity - time graph area
c. The area under an acceleration - time graph velocity
d. The gradient of a displacement - time graph displacement

acceleration
slope

3. Indicate whether the following statements are TRUE or FALSE. Write only ’true’ or ’false’.
If the statement is false, write down the correct statement.

(a) A scalar is the displacement of an object over a time interval.

(b) The position of an object is where it is located.

(c) The sign of the velocity of an object tells us in which direction it is travelling.

(d) The acceleration of an object is the change of its displacement over a period in time.

4. [SC 2003/11] A body accelerates uniformly from rest for t0 seconds after which it continues
with a constant velocity. Which graph is the correct representation of the body’s motion?

t

x

t0 t

x

t0 t

x

t0 t

x

t0

(a) (b) (c) (d)

5. [SC 2003/11] The velocity-time graphs of two cars are represented by P and Q as shown

0 1 2 3 4
0

1

2

3

4

5

6 P

Q

t (s)

v (m·s−1)

The difference in the distance travelled by the two cars (in m) after 4 s is . . .
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(a) 12

(b) 6

(c) 2

(d) 0

6. [IEB 2005/11 HG] The graph that follows shows how the speed of an athlete varies with
time as he sprints for 100 m.

speed (m·s−1)

time (s)

10

t 11

Which of the following equations can be used to correctly determine the time t for which
he accelerates?

(a) 100 = (10)(11) − 1

2
(10)t

(b) 100 = (10)(11) + 1

2
(10)t

(c) 100 = 10t + 1

2
(10)t2

(d) 100 = 1

2
(0)t + 1

2
(10)t2

7. [SC 2002/03 HG1] In which one of the following cases will the distance covered and the
magnitude of the displacement be the same?

(a) A girl climbs a spiral staircase.

(b) An athlete completes one lap in a race.

(c) A raindrop falls in still air.

(d) A passenger in a train travels from Cape Town to Johannesburg.

8. [SC 2003/11] A car, travelling at constant velocity, passes a stationary motor cycle at a
traffic light. As the car overtakes the motorcycle, the motorcycle accelerates uniformly
from rest for 10 s. The following displacement-time graph represents the motions of both
vehicles from the traffic light onwards.

motorcycle

car

x (m)

t (s)

375
300

0 5 X 10 15

(a) Use the graph to find the magnitude of the constant velocity of the car.

(b) Use the information from the graph to show by means of calculation that the mag-
nitude of the acceleration of the motorcycle, for the first 10 s of its motion is 7,5
m·s−2.

(c) Calculate how long (in seconds) it will take the motorcycle to catch up with the car
(point X on the time axis).

(d) How far behind the motorcycle will the car be after 15 seconds?
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9. [IEB 2005/11 HG] Which of the following statements is true of a body that accelerates
uniformly?

(a) Its rate of change of position with time remains constant.

(b) Its position changes by the same amount in equal time intervals.

(c) Its velocity increases by increasing amounts in equal time intervals.

(d) Its rate of change of velocity with time remains constant.

10. [IEB 2003/11 HG1] The velocity-time graph for a car moving along a straight horizontal
road is shown below.

t (s)

v (m·s−1)

20

12

0 t

Area A

Area B

Which of the following expressions gives the magnitude of the average velocity of the car?

(a) AreaA

t

(b) AreaA + AreaB

t

(c) AreaB

t

(d) AreaA − AreaB

t

11. [SC 2002/11 SG] A car is driven at 25 m·s−1 in a municipal area. When the driver sees a
traffic officer at a speed trap, he realises he is travelling too fast. He immediately applies
the brakes of the car while still 100 m away from the speed trap.

(a) Calculate the magnitude of the minimum acceleration which the car must have to
avoid exceeding the speed limit, if the municipal speed limit is 16.6 m·s−1.

(b) Calculate the time from the instant the driver applied the brakes until he reaches the
speed trap. Assume that the car’s velocity, when reaching the trap, is 16.6 m·s−1.

12. A traffic officer is watching his speed trap equipment at the bottom of a valley. He can
see cars as they enter the valley 1 km to his left until they leave the valley 1 km to his
right. Nelson is recording the times of cars entering and leaving the valley for a school
project. Nelson notices a white Toyota enter the valley at 11:01:30 and leave the valley at
11:02:42. Afterwards, Nelson hears that the traffic officer recorded the Toyota doing 140
km·hr−1.

(a) What was the time interval (∆t) for the Toyota to travel through the valley?

(b) What was the average speed of the Toyota?

(c) Convert this speed to km·hr−1.

(d) Discuss whether the Toyota could have been travelling at 140km·hr−1 at the bottom
of the valley.

(e) Discuss the differences between the instantaneous speed (as measured by the speed
trap) and average speed (as measured by Nelson).
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13. [IEB 2003/11HG] A velocity-time graph for a ball rolling along a track is shown below.
The graph has been divided up into 3 sections, A, B and C for easy reference. (Disregard
any effects of friction.)

time (s)

velocity (m·s−1)

A B C

12105
0

-0,2

0,6

t1

(a) Use the graph to determine the following:

i. the speed 5 s after the start

ii. the distance travelled in Section A

iii. the acceleration in Section C

(b) At time t1 the velocity-time graph intersects the time axis. Use an appropriate
equation of motion to calculate the value of time t1 (in s).

(c) Sketch a displacement-time graph for the motion of the ball for these 12 s. (You do
not need to calculate the actual values of the displacement for each time interval,
but do pay attention to the general shape of this graph during each time interval.)

14. In towns and cities, the speed limit is 60 km·hr−1. The length of the average car is 3.5
m, and the width of the average car is 2 m. In order to cross the road, you need to be
able to walk further than the width of a car, before that car reaches you. To cross safely,
you should be able to walk at least 2 m further than the width of the car (4 m in total),
before the car reaches you.

(a) If your walking speed is 4 km·hr−1, what is your walking speed in m·s−1?

(b) How long does it take you to walk a distance equal to the width of the average car?

(c) What is the speed in m·s−1 of a car travelling at the speed limit in a town?

(d) How many metres does a car travelling at the speed limit travel, in the same time
that it takes you to walk a distance equal to the width of car?

(e) Why is the answer to the previous question important?

(f) If you see a car driving toward you, and it is 28 m away (the same as the length of 8
cars), is it safe to walk across the road?

(g) How far away must a car be, before you think it might be safe to cross? How many
car-lengths is this distance?

15. A bus on a straight road starts from rest at a bus stop and accelerates at 2 m·s−2 until it
reaches a speed of 20 m·s−1. Then the bus travels for 20 s at a constant speed until the
driver sees the next bus stop in the distance. The driver applies the brakes, stopping the
bus in a uniform manner in 5 s.

(a) How long does the bus take to travel from the first bus stop to the second bus stop?

(b) What is the average velocity of the bus during the trip?
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Appendix A

GNU Free Documentation License

Version 1.2, November 2002
Copyright c© 2000,2001,2002 Free Software Foundation, Inc.
59 Temple Place, Suite 330, Boston, MA 02111-1307 USA
Everyone is permitted to copy and distribute verbatim copies of this license document, but
changing it is not allowed.

PREAMBLE

The purpose of this License is to make a manual, textbook, or other functional and useful
document “free” in the sense of freedom: to assure everyone the effective freedom to copy and
redistribute it, with or without modifying it, either commercially or non-commercially.
Secondarily, this License preserves for the author and publisher a way to get credit for their
work, while not being considered responsible for modifications made by others.

This License is a kind of “copyleft”, which means that derivative works of the document must
themselves be free in the same sense. It complements the GNU General Public License, which
is a copyleft license designed for free software.

We have designed this License in order to use it for manuals for free software, because free
software needs free documentation: a free program should come with manuals providing the
same freedoms that the software does. But this License is not limited to software manuals; it
can be used for any textual work, regardless of subject matter or whether it is published as a
printed book. We recommend this License principally for works whose purpose is instruction or
reference.

APPLICABILITY AND DEFINITIONS

This License applies to any manual or other work, in any medium, that contains a notice placed
by the copyright holder saying it can be distributed under the terms of this License. Such a
notice grants a world-wide, royalty-free license, unlimited in duration, to use that work under
the conditions stated herein. The “Document”, below, refers to any such manual or work. Any
member of the public is a licensee, and is addressed as “you”. You accept the license if you
copy, modify or distribute the work in a way requiring permission under copyright law.

A “Modified Version” of the Document means any work containing the Document or a portion
of it, either copied verbatim, or with modifications and/or translated into another language.

A “Secondary Section” is a named appendix or a front-matter section of the Document that
deals exclusively with the relationship of the publishers or authors of the Document to the
Document’s overall subject (or to related matters) and contains nothing that could fall directly
within that overall subject. (Thus, if the Document is in part a textbook of mathematics, a
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Secondary Section may not explain any mathematics.) The relationship could be a matter of
historical connection with the subject or with related matters, or of legal, commercial,
philosophical, ethical or political position regarding them.

The “Invariant Sections” are certain Secondary Sections whose titles are designated, as being
those of Invariant Sections, in the notice that says that the Document is released under this
License. If a section does not fit the above definition of Secondary then it is not allowed to be
designated as Invariant. The Document may contain zero Invariant Sections. If the Document
does not identify any Invariant Sections then there are none.

The “Cover Texts” are certain short passages of text that are listed, as Front-Cover Texts or
Back-Cover Texts, in the notice that says that the Document is released under this License. A
Front-Cover Text may be at most 5 words, and a Back-Cover Text may be at most 25 words.

A “Transparent” copy of the Document means a machine-readable copy, represented in a
format whose specification is available to the general public, that is suitable for revising the
document straightforwardly with generic text editors or (for images composed of pixels) generic
paint programs or (for drawings) some widely available drawing editor, and that is suitable for
input to text formatters or for automatic translation to a variety of formats suitable for input to
text formatters. A copy made in an otherwise Transparent file format whose markup, or
absence of markup, has been arranged to thwart or discourage subsequent modification by
readers is not Transparent. An image format is not Transparent if used for any substantial
amount of text. A copy that is not “Transparent” is called “Opaque”.

Examples of suitable formats for Transparent copies include plain ASCII without markup,
Texinfo input format, LATEX input format, SGML or XML using a publicly available DTD and
standard-conforming simple HTML, PostScript or PDF designed for human modification.
Examples of transparent image formats include PNG, XCF and JPG. Opaque formats include
proprietary formats that can be read and edited only by proprietary word processors, SGML or
XML for which the DTD and/or processing tools are not generally available, and the
machine-generated HTML, PostScript or PDF produced by some word processors for output
purposes only.

The “Title Page” means, for a printed book, the title page itself, plus such following pages as
are needed to hold, legibly, the material this License requires to appear in the title page. For
works in formats which do not have any title page as such, “Title Page” means the text near
the most prominent appearance of the work’s title, preceding the beginning of the body of the
text.

A section “Entitled XYZ” means a named subunit of the Document whose title either is
precisely XYZ or contains XYZ in parentheses following text that translates XYZ in another
language. (Here XYZ stands for a specific section name mentioned below, such as
“Acknowledgements”, “Dedications”, “Endorsements”, or “History”.) To “Preserve the Title”
of such a section when you modify the Document means that it remains a section “Entitled
XYZ” according to this definition.

The Document may include Warranty Disclaimers next to the notice which states that this
License applies to the Document. These Warranty Disclaimers are considered to be included by
reference in this License, but only as regards disclaiming warranties: any other implication that
these Warranty Disclaimers may have is void and has no effect on the meaning of this License.

VERBATIM COPYING

You may copy and distribute the Document in any medium, either commercially or
non-commercially, provided that this License, the copyright notices, and the license notice
saying this License applies to the Document are reproduced in all copies, and that you add no
other conditions whatsoever to those of this License. You may not use technical measures to
obstruct or control the reading or further copying of the copies you make or distribute.
However, you may accept compensation in exchange for copies. If you distribute a large enough
number of copies you must also follow the conditions in section A.
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You may also lend copies, under the same conditions stated above, and you may publicly
display copies.

COPYING IN QUANTITY

If you publish printed copies (or copies in media that commonly have printed covers) of the
Document, numbering more than 100, and the Document’s license notice requires Cover Texts,
you must enclose the copies in covers that carry, clearly and legibly, all these Cover Texts:
Front-Cover Texts on the front cover, and Back-Cover Texts on the back cover. Both covers
must also clearly and legibly identify you as the publisher of these copies. The front cover must
present the full title with all words of the title equally prominent and visible. You may add
other material on the covers in addition. Copying with changes limited to the covers, as long as
they preserve the title of the Document and satisfy these conditions, can be treated as
verbatim copying in other respects.

If the required texts for either cover are too voluminous to fit legibly, you should put the first
ones listed (as many as fit reasonably) on the actual cover, and continue the rest onto adjacent
pages.

If you publish or distribute Opaque copies of the Document numbering more than 100, you
must either include a machine-readable Transparent copy along with each Opaque copy, or
state in or with each Opaque copy a computer-network location from which the general
network-using public has access to download using public-standard network protocols a
complete Transparent copy of the Document, free of added material. If you use the latter
option, you must take reasonably prudent steps, when you begin distribution of Opaque copies
in quantity, to ensure that this Transparent copy will remain thus accessible at the stated
location until at least one year after the last time you distribute an Opaque copy (directly or
through your agents or retailers) of that edition to the public.

It is requested, but not required, that you contact the authors of the Document well before
redistributing any large number of copies, to give them a chance to provide you with an
updated version of the Document.

MODIFICATIONS

You may copy and distribute a Modified Version of the Document under the conditions of
sections A and A above, provided that you release the Modified Version under precisely this
License, with the Modified Version filling the role of the Document, thus licensing distribution
and modification of the Modified Version to whoever possesses a copy of it. In addition, you
must do these things in the Modified Version:

1. Use in the Title Page (and on the covers, if any) a title distinct from that of the
Document, and from those of previous versions (which should, if there were any, be listed
in the History section of the Document). You may use the same title as a previous
version if the original publisher of that version gives permission.

2. List on the Title Page, as authors, one or more persons or entities responsible for
authorship of the modifications in the Modified Version, together with at least five of the
principal authors of the Document (all of its principal authors, if it has fewer than five),
unless they release you from this requirement.

3. State on the Title page the name of the publisher of the Modified Version, as the
publisher.

4. Preserve all the copyright notices of the Document.

5. Add an appropriate copyright notice for your modifications adjacent to the other
copyright notices.
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6. Include, immediately after the copyright notices, a license notice giving the public
permission to use the Modified Version under the terms of this License, in the form
shown in the Addendum below.

7. Preserve in that license notice the full lists of Invariant Sections and required Cover Texts
given in the Document’s license notice.

8. Include an unaltered copy of this License.

9. Preserve the section Entitled “History”, Preserve its Title, and add to it an item stating
at least the title, year, new authors, and publisher of the Modified Version as given on
the Title Page. If there is no section Entitled “History” in the Document, create one
stating the title, year, authors, and publisher of the Document as given on its Title Page,
then add an item describing the Modified Version as stated in the previous sentence.

10. Preserve the network location, if any, given in the Document for public access to a
Transparent copy of the Document, and likewise the network locations given in the
Document for previous versions it was based on. These may be placed in the “History”
section. You may omit a network location for a work that was published at least four
years before the Document itself, or if the original publisher of the version it refers to
gives permission.

11. For any section Entitled “Acknowledgements” or “Dedications”, Preserve the Title of the
section, and preserve in the section all the substance and tone of each of the contributor
acknowledgements and/or dedications given therein.

12. Preserve all the Invariant Sections of the Document, unaltered in their text and in their
titles. Section numbers or the equivalent are not considered part of the section titles.

13. Delete any section Entitled “Endorsements”. Such a section may not be included in the
Modified Version.

14. Do not re-title any existing section to be Entitled “Endorsements” or to conflict in title
with any Invariant Section.

15. Preserve any Warranty Disclaimers.

If the Modified Version includes new front-matter sections or appendices that qualify as
Secondary Sections and contain no material copied from the Document, you may at your
option designate some or all of these sections as invariant. To do this, add their titles to the
list of Invariant Sections in the Modified Version’s license notice. These titles must be distinct
from any other section titles.

You may add a section Entitled “Endorsements”, provided it contains nothing but endorsements
of your Modified Version by various parties–for example, statements of peer review or that the
text has been approved by an organisation as the authoritative definition of a standard.

You may add a passage of up to five words as a Front-Cover Text, and a passage of up to 25
words as a Back-Cover Text, to the end of the list of Cover Texts in the Modified Version.
Only one passage of Front-Cover Text and one of Back-Cover Text may be added by (or
through arrangements made by) any one entity. If the Document already includes a cover text
for the same cover, previously added by you or by arrangement made by the same entity you
are acting on behalf of, you may not add another; but you may replace the old one, on explicit
permission from the previous publisher that added the old one.

The author(s) and publisher(s) of the Document do not by this License give permission to use
their names for publicity for or to assert or imply endorsement of any Modified Version.

COMBINING DOCUMENTS

You may combine the Document with other documents released under this License, under the
terms defined in section A above for modified versions, provided that you include in the
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combination all of the Invariant Sections of all of the original documents, unmodified, and list
them all as Invariant Sections of your combined work in its license notice, and that you
preserve all their Warranty Disclaimers.

The combined work need only contain one copy of this License, and multiple identical Invariant
Sections may be replaced with a single copy. If there are multiple Invariant Sections with the
same name but different contents, make the title of each such section unique by adding at the
end of it, in parentheses, the name of the original author or publisher of that section if known,
or else a unique number. Make the same adjustment to the section titles in the list of Invariant
Sections in the license notice of the combined work.

In the combination, you must combine any sections Entitled “History” in the various original
documents, forming one section Entitled “History”; likewise combine any sections Entitled
“Acknowledgements”, and any sections Entitled “Dedications”. You must delete all sections
Entitled “Endorsements”.

COLLECTIONS OF DOCUMENTS

You may make a collection consisting of the Document and other documents released under
this License, and replace the individual copies of this License in the various documents with a
single copy that is included in the collection, provided that you follow the rules of this License
for verbatim copying of each of the documents in all other respects.

You may extract a single document from such a collection, and distribute it individually under
this License, provided you insert a copy of this License into the extracted document, and follow
this License in all other respects regarding verbatim copying of that document.

AGGREGATION WITH INDEPENDENT WORKS

A compilation of the Document or its derivatives with other separate and independent
documents or works, in or on a volume of a storage or distribution medium, is called an
“aggregate” if the copyright resulting from the compilation is not used to limit the legal rights
of the compilation’s users beyond what the individual works permit. When the Document is
included an aggregate, this License does not apply to the other works in the aggregate which
are not themselves derivative works of the Document.

If the Cover Text requirement of section A is applicable to these copies of the Document, then
if the Document is less than one half of the entire aggregate, the Document’s Cover Texts may
be placed on covers that bracket the Document within the aggregate, or the electronic
equivalent of covers if the Document is in electronic form. Otherwise they must appear on
printed covers that bracket the whole aggregate.

TRANSLATION

Translation is considered a kind of modification, so you may distribute translations of the
Document under the terms of section A. Replacing Invariant Sections with translations requires
special permission from their copyright holders, but you may include translations of some or all
Invariant Sections in addition to the original versions of these Invariant Sections. You may
include a translation of this License, and all the license notices in the Document, and any
Warranty Disclaimers, provided that you also include the original English version of this License
and the original versions of those notices and disclaimers. In case of a disagreement between
the translation and the original version of this License or a notice or disclaimer, the original
version will prevail.

If a section in the Document is Entitled “Acknowledgements”, “Dedications”, or “History”, the
requirement (section A) to Preserve its Title (section A) will typically require changing the
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actual title.

TERMINATION

You may not copy, modify, sub-license, or distribute the Document except as expressly provided
for under this License. Any other attempt to copy, modify, sub-license or distribute the
Document is void, and will automatically terminate your rights under this License. However,
parties who have received copies, or rights, from you under this License will not have their
licenses terminated so long as such parties remain in full compliance.

FUTURE REVISIONS OF THIS LICENSE

The Free Software Foundation may publish new, revised versions of the GNU Free
Documentation License from time to time. Such new versions will be similar in spirit to the
present version, but may differ in detail to address new problems or concerns. See
http://www.gnu.org/copyleft/.

Each version of the License is given a distinguishing version number. If the Document specifies
that a particular numbered version of this License “or any later version” applies to it, you have
the option of following the terms and conditions either of that specified version or of any later
version that has been published (not as a draft) by the Free Software Foundation. If the
Document does not specify a version number of this License, you may choose any version ever
published (not as a draft) by the Free Software Foundation.

ADDENDUM: How to use this License for your documents

To use this License in a document you have written, include a copy of the License in the
document and put the following copyright and license notices just after the title page:

Copyright c© YEAR YOUR NAME. Permission is granted to copy, distribute and/or
modify this document under the terms of the GNU Free Documentation License,
Version 1.2 or any later version published by the Free Software Foundation; with no
Invariant Sections, no Front-Cover Texts, and no Back-Cover Texts. A copy of the
license is included in the section entitled “GNU Free Documentation License”.

If you have Invariant Sections, Front-Cover Texts and Back-Cover Texts, replace the
“with...Texts.” line with this:

with the Invariant Sections being LIST THEIR TITLES, with the Front-Cover Texts being
LIST, and with the Back-Cover Texts being LIST.

If you have Invariant Sections without Cover Texts, or some other combination of the three,
merge those two alternatives to suit the situation.

If your document contains nontrivial examples of program code, we recommend releasing these
examples in parallel under your choice of free software license, such as the GNU General Public
License, to permit their use in free software.
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